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Eicoaywyn

Hpova pe TNy tekeutalo avadidtagn g VANg g Adye-
og oL diddoxeTon oTig 800 TpTES TALELS Tou Auxeiou, oL
VOLEC TNS EAAYLOTNG Xt TN MEYLOTNS TIWAS OLVARTNOTG
tdocovTon Théov oty AN g ‘Ahyefpoc B tdéng Fevi-
O Avxeiov (napdypagoc 2.1, oek. 32-34, éxdoon 2012).
o€ YewpnTnd LTOPotpo TOU UMKUTEITAL YId TOV UTOAO-
Ko TV eV Aoy eV Baciletar otic mapaypdpoug 2.1
t 2.2 tou BiBhiov tng AhyeBpag A" téd€ng I'evixold Av-
fou, ot ontoleg avaPEPOVTAL OTIC TPAEELS, TIC IBLOTNTES XAl
V DIATACY) TOV TEAYUATIXGY AUy,

Me anhd nopadelypota nov emhégope YU autd to Xn-
z’coytﬂ ETLYELPOVUE VO EUTAOUTICOVUE TO TEPIEYOUEVO
¢ mapaypdpou 2.1 tou BiBAlov ‘AkyeBpac B” tdng Ie-
00 Auxelov, axplBOc 010 TUAUA EXEIVO TOU avapEpETal
0 eAdyloTo X UEYLOTO ouvdptnong. ‘Eyovue 1 yvoun
L 0 OnuiovpYixds didhoyog mou Va avantuyvel pe Evau-
o TV eniAvon Toug oty 4N Ya cuuBdiiel €tat, Gote
avadeyodv xar va eunedwioly yedodohoyixés 10éeg
L TEax TS oL XaAAiepYolV, avanTOoo0oLY Xat BEATLO-
LY TN podnuotixy avotnta. ‘Alhwote, 1 enilvor e-
¢ wordnuatixol TEoBAUATOS UE TN GUUBOAY GTOLYELODWY
WOEWY NS OYOMXNS GAYERPAS - xou Oyt UE Loyupd Vew-
HoTaL, Yo Tapddery o, Tou dapopxol Aoylouol - eume-
YEL TAVTOTE ULol O TEPY) TAdEVTIXT], ARG 3o BB TIXT
fot.

Boowxég npoanaitodpeveg
YVOOELS

1. H pédodoc tne ouumiipwong TETpay@Vou.

2. Ou 1310TNTEC TWV AVICOTATWY, %ot €A 1) VepehLeod-
oneg WwiotnTa: Av o mparypatixdg aprdude, t1ote 1oy -
e (z-a)® > 0y xéde = € R, ondte 10 ehdyr-
oto g ouvdptnone f(z) = (2 - a)? woltu ye 0
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xaL qUTO emTLYYAvETL 0T Véon = = a, xaddS TN
oyéon (- a)® > 0 ynopolue vo ™) doluE xou g

f(x)20=f(a)

Téhog, 0" autd 10 Lnuelwyua ovunepthdPBoue xat 800 VOeL-
XA TopadelyoTa Tpoadloplouol PEYIGTNG 1) EAAYIOTNS
TS TUPUCTACEWY UE TEPIOOOTEPES TNE MIAC UETIBANTES.

3 Iopodelypota

Kotd v Sompoypdteuon twv mopaxdtw mopoderyud-
TV otV TEEN, o BWdoxwY eivor oxOmUO Vo ETIOLL-
Zet v avantuln oulftnone e Ttoug pontéc Tou E-
TOL, OOTE VA XUTAVONIGOUV XL EUNEDMGOLY TN Blac)vde-
oY TWV ATOTEAECUATOV NS dAYEBpxhc enedeyaoiag ue
Yoapuxh| TapdoTaoy Twv avtioToywy cuvapTthoewy. Ot
eV MOY® Ypagixéc maupaotdoelg Yo unopolooy Vo Topd-
x9o0v xau dauéoou g on line Bradxtuvaxhc epapuoync
http://www.wolframalpha.com/

IMopaderypo 1. Na Peeite tnv ehdylot) Tiun g ov-
VapTNOoNG
f(z)=2®-22+6 zeR

Mo mow TH Tou T emTUYYAvVETHL 1 ENSYIOTH T TS

f(z);

ArsH. 'Eyoupe
fx)=a?-20+6=22-2-1-2+12+5=(2-1)*+5
%ol XA OC

(2-1)?20e (z-1)?+525< f(z)25=f(1)

TpoXUTTEL OTL 1) EAAYLoTn T TS f toolTan Ye 5 xat emL-
oYy dveton Yoo = 1

IMapdderypo 2. Na Bpeite ) yéyiotn 1y g ovvdpe-

™mons
f(x)=-2*+22-9 zeR

[Ma ol Tis| Tov z emtuy ydveton 1 péytot twh e f (2);

ArzH.

f(x):—$2+2x—9=—(x2—2x+9):

~[(z-1)*+8]=~(z-1)*-8

'To nopdv Inueiowua yodptnxe ye otéyo va urootnelfe. wa loen B 20pn dibaoxakio TV EVWoLbY NS EAIYLOTNS X TNS PEYIOTNS
fc ouvdptnong, oto mhalolo e ‘AhyeBpoc B” tédEne Tevixolb Auxeiov.
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xo XA
~(2-1)°<0e —(z-1)-8<-8« f(z)<-8=f(1)

TEOXVUNTEL 6Tl 1) Yéylotn Ty e f toodtan pe -8 xou emi-
TuYyydvetar Yooz =1

IMapdderypo 3. Na Bpeite ™ puéytotn Ty g ouvdp-

™oNng .

2 -2x+9

f(x) =

xd0¢ 1o x petadiietar oto olvoho R. TNo mota tiun tou
x emtuyydvetar 1 péytotn T e f (2);

ArsH. ITpoxOntel

1
M) = s
xo XA
2 1 1 1

nafpvoue OTL 1 u€ytotn Twn e f wwolta pe % XL ETI-
TuYyYdvetar Yoo T = 1

IMapdderypo 4. Na Bpeite ™ puéylotn Ty g ouvdp-

™mome
f(z)=-22%+122 z€eR

[N motar Ty Tou T emTUYYAvVETUL 1) UEYIOTH T TNG
f(x) Arsh.

f(x)=-22%+122 = -2 (2® - 6) =
-2(2*-2-3-2+3°-3%) =
=-2[(x-3)*-9]=-2(z-3)*+18
wat %o0de
—2(z-3)?+18<18 <« f(z) <18 = f(3)

TpoxOTTEL OTL 1) U€yioTn T e f toobton pe 18 xou emi-
TUYYGvVETUL Yot T = 3.

IMopdderypa 5. Na feeite Ty ehdytotn T e
f(z)= |:c2+:c+4‘—5x+6 xeR

[ moto T ToU & EMTUY YAVETAL 1) EAGYIOTY T TNS OL-
véptnone f(z);
2

+z+4
2

ArsH. Tha ) Saxpivovoa A tou tpiwvigou
Beloxouue A = =15 < 0 xou xS 0 GUVTEREGTAS TOU T
elvon Yetixdg, Yo 1oy et 2?2 +x+4>0 vy xde x € R, xa
ENOUEVLC

|x2+x+4| =2 +x+4

‘Apa, Y1 xdde = € R eivar f (2) = 22 — 4o + 10. Eiva
f(z)=2®-4z+10=(z-2)*+6

o xodme
(2-2)2+626< f(z)26=f(2)

Tpox TTEL OTL 1) EAdYloTn T TS f toolTan pe 6 xan emi-
TUYYAvETUL Yol T = 2

IMapdderypo 6. Na PBeeite v ehdytotn Tipn e ou-

vapTnong
f(z)=Va?-10x +31

xad®¢ 10 x yetaBdiietan oto odvoho R. TNo ot Tipn Tou
x emtuyydvetar 1 eAdytotny Th e f(z);

ArsH. ‘Eyouye

f(z)=Va2-10z+31=\/(z-5)°+6

o xodme
(z-5)2+6>6 <

V(z=-5)%+6>6 <
f(@)>V6=f(5)

mpoxOTTEL 6T N eNdyioTh Th e f oohton pe /6 xou
EMTUYYAVETHL YIL T =5

IMapdderypo 7. Na Bpeite tnv eAdytotn Tiun g napd-
oTAONG 22 +y? -2z -4y +2, xadde Tz xou y wetaBdhhovtan
oo obvoro R I'ia moto Lebyog npoypatixdy aprdudy (x,y)
EMUTUY YAVETAL 1) EAAYIOTY TIWY TNS TUPATAVE TAPACTACNS;

ATYTH.
22 +y? 20 —dy+2=22-2.1-2+1%+y*-2.2.y+2°-1-4+2 =

= (-2 (y-2)* -3

xa xo o

(z-1)220
xou

(y-2)*20
Talpvouue

(-1 +(y-2)*-3>-3
OTOTE 1) ENAYIOTY THLY TNS TOPACTAOTC
x2+y2—2x—4y+2
wolton e —3 xou emtuyydveton v (x,y) = (1,2).

IMopaderypo 8. Na Ppeite tny eAdytotn Tiuf Tng Topd-
otaone w2 +y? +4x—6y+21, xS o T xu y petaBdhhovTan
o710 obvoro R I'ia moto Lebyog nporypatixdy aprdudy (z,y)
EMUTUYYAVETAL 1) EAGYIOTY TIWY TNS TUPATAVEL TAUPACTACNS;



ArsH. Efvou
22+ y? +4z -6y +21 =

(z+2)*+(y-3)°+8
XL EVIEAMS avdioya Pploxovpe 6Tt 1 eEAdYLOTN TN NG
TOPAoTAONG

22 +y? +4z -6y +21

wolTon pe 8 xau emtuyydveton yio (z,y) = (-2,3)

IMopdderypa 9. Na Bpeite v ehdytotn Tiun e nopd-
OTAONG
72+ 8z + 16
x?+8x +20
[ motar T Tou & EMTLYYAVETUL 1) EAAYLOTY THY TNS Ta-
pdoTAONC;

rzeR

ArsH. Eyouye

x2+8x+16_(x2+8x+20)—4_1 4
22 +82+20  22+82+20 (z+4)’+4

(1)

Ané v (@) rpoxinter 611 o xAdopo

22 +8x+16
2+ 8x + 20

eAyLOTOTOLE(TOL OTAY TO XAdoUL

4
(z+4)% +4
nafpvel T uéylotn T tou. Bploxouue 6t n uéyiotn Tipn

TOL XAAOUATOS
4

2
(x+4)"+4
/7 ’ ' 4
wwolton Ye 1 xou autd emruyydvetoun yio = —4 Telxd

TEOXVTTEL OTL 1) EAGYIOTY T TOU XAAOUATOS

22+ 8x +16
z2 + 8x + 20

’ 4 ’,
woltar e 1 -7 =0 xou emruyydveton Yo x = —4.

IMopdderypo 10. Na Peeite ™) péylot) iy e nopd-
OTAONG
322 - 62 +19

rzelR
2 -2x+5

[Mo mola T Tou & emMTUYYAVETOL 1) UEYIOTY TIUY TNS Ta-
PAoTAONC;

ArsH. Efvou:

302-6a+19 _ 3(¢°-2a+5)+4 _

x2-2x+5 22-22+5
, , (2)
3+ 22-21+5 3+ (z—-1)%+4

Ané v (@) mpoxinter 6T 0 xAdopa

322 — 62+ 19
2 -2x+5

ueylotonole{ton 6TaY TO XAdoUoL

4
(z-1)%+4

madpver T UEYLOTY TIwY Tou.

Me Srodixacieg avahoyes tpog auTéS TOoL Y pNoILOTOoLY-
oae 670 30 Tapdderypa Bploxouue 6Tt 1) UEYIOTH TIuR Tou
XAAOPATOS

4
(z-1)*+4

/ 4 _ ’ ’ _
wolTon e 7 = 1 xou autd emTuyydveToL Yot - = 1.

Ané to tehevtaio anotéheopa xou Moyw tne () éyouue
OTL M) YEYIoT T TOU XAAGPATOS

322 - 6x+19
2 -2x+5

ooltaL Ye 3 + % =4 you emTuyydveto Y x = 1.

IMapdderypo 11. Na Beeite tnv ehdylotn Tipn e na-
pdoTaoNg
72+ 6z +8
z? + 62 + 10

[N mota T ToL & EMTUYYAVETOL 1) EAAYIOTY T TNG To-
PAoTAON;

relR

IMapaderypo 12. Na Bpeite ) uéylotn 1y e mopd-
OTAONS
202 - 8z + 17
22 —4x+7
[ Mot T ToU & EMTUY YAVETHL 1 UEYIOTH TWH TNS To-
PAoTAON;

relR
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